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Macromolecular engineering of networks and gels
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Polymeric precursor Complementary polymer

10 nm scale
Solution of polymeric species
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Macromolecular engineering of networks and gels
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Polymer network or gel

10 nm scale
Viscoelastic insoluble network or gel
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Macroscale properties are controlled by molecular details
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Network architecture

Molecular details

+k

Viscoelasticity

Diffusivity
Surface

chemistry

Macroscale Properties

Macromolecular details inform material properties and 
provide a tunable handle in their design.

Swelling

Degradation
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Rubber Elasticity
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Consider the thermodynamics of the network 
under deformation

Affine network model - each polymer chain 
deforms in the same manner that the whole 
network deforms

Other assumptions 
- Gaussian chains 
- constant volume 
- flexible chains (T > Tg) 
- no crystallization at large strain 
- energetic component of the free energy = 0

Entropy dominates again!!
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Rubber Elasticity
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<latexit sha1_base64="mobrrBb8LJ5psuj6/ZKR/XDUJzc="></latexit>

Modulus of the network:

<latexit sha1_base64="pC4H1eQkxo2nP4FbQrnxMBPMdtw=">AAAB+3icbVBNS8NAEN3Ur1q/Yj16WSyCp5KIoMdSD3qs0C9oQ9hsJ+3SzSbubool9K948aCIV/+IN/+N2zYHbX0w8Hhvhpl5QcKZ0o7zbRU2Nre2d4q7pb39g8Mj+7jcVnEqKbRozGPZDYgCzgS0NNMcuokEEgUcOsH4du53JiAVi0VTTxPwIjIULGSUaCP5dvkO9+ExZRPcFyke+3Xc9O2KU3UWwOvEzUkF5Wj49ld/ENM0AqEpJ0r1XCfRXkakZpTDrNRPFSSEjskQeoYKEoHyssXtM3xulAEOY2lKaLxQf09kJFJqGgWmMyJ6pFa9ufif10t1eONlTCSpBkGXi8KUYx3jeRB4wCRQzaeGECqZuRXTEZGEahNXyYTgrr68TtqXVdepug9XlVo9j6OITtEZukAuukY1dI8aqIUoekLP6BW9WTPrxXq3PpatBSufOUF/YH3+AErJk0s=</latexit>

<latexit sha1_base64="6LFbqNbEyrvS8OVxXiKk//OjGw8="></latexit>

density of network strands

number average molecular weight of the network strand
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Modulus scales with temperature and is inverse with 
molecular weight between crosslinks.
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Phantom network
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Consider that the junction points in the network can fluctuate but 
the mean locations are affine. In addition, these fluctuations are 
Gaussian and independent of the strain.

Chains are connected to an 
elastic, non-fluctuating 
background

Polymer Physics Rubinstein and Colby
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Phantom network
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Decrease in expected modulus as 
compared to affine network model
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density of crosslinks

Polymer Physics Rubinstein and Colby
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Real Elastic Network Theory (RENT)
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In reality, many loops can be 
present in the network. Should 

account for these also!

Zhong et al. Science 2016, 353, 1264–1268
Networks aren’t always ideal
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Real Elastic Network Theory (RENT)
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Real Elastic Network Theory (RENT)
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A further decrease in expected modulus from the phantom 
network model because of network defects!
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Entanglements
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Consider a ‘second’ network that 
is cross-linked by entanglements

<latexit sha1_base64="quZN/h3YK+PMfOqAs/oMy1YKc8U=">AAACDXicbVDLSsNAFJ34rPUVdelmsAquSiKCboSiC90IVfqCpoTJ9KYdOnkwMxFKyA+48VfcuFDErXt3/o2TNgttPXDhcM693HuPF3MmlWV9GwuLS8srq6W18vrG5ta2ubPbklEiKDRpxCPR8YgEzkJoKqY4dGIBJPA4tL3RVe63H0BIFoUNNY6hF5BByHxGidKSax5eu4AvsOMLQlNHDCPsBEQNKeHpfYYbWXrrQuaaFatqTYDniV2QCipQd80vpx/RJIBQUU6k7NpWrHopEYpRDlnZSSTEhI7IALqahiQA2Usn32T4SCt97EdCV6jwRP09kZJAynHg6c78VDnr5eJ/XjdR/nkvZWGcKAjpdJGfcKwinEeD+0wAVXysCaGC6VsxHRIdjNIBlnUI9uzL86R1UrWtqn13WqldFnGU0D46QMfIRmeohm5QHTURRY/oGb2iN+PJeDHejY9p64JRzOyhPzA+fwCj7ptN</latexit>

<latexit sha1_base64="cQhbbDThLHcGbCeW34AgMikzbo4=">AAAB8XicbVBNS8NAEJ34WetX1aOXxSJ4KokIeix68SJUsB/YhrLZTtqlm03c3RRK6L/w4kERr/4bb/4bt20O2vpg4PHeDDPzgkRwbVz321lZXVvf2CxsFbd3dvf2SweHDR2nimGdxSJWrYBqFFxi3XAjsJUopFEgsBkMb6Z+c4RK81g+mHGCfkT7koecUWOlx7sukg4+pXzULZXdijsDWSZeTsqQo9YtfXV6MUsjlIYJqnXbcxPjZ1QZzgROip1UY0LZkPaxbamkEWo/m108IadW6ZEwVrakITP190RGI63HUWA7I2oGetGbiv957dSEV37GZZIalGy+KEwFMTGZvk96XCEzYmwJZYrbWwkbUEWZsSEVbQje4svLpHFe8dyKd39Rrl7ncRTgGE7gDDy4hCrcQg3qwEDCM7zCm6OdF+fd+Zi3rjj5zBH8gfP5Ay2gkJU=</latexit>

number average 
molecular weight 
between entanglements

<latexit sha1_base64="8/Yzunuvt5iArYcJviABQC7T/rQ="></latexit>

Total modulus for the system that is the 
sum of the contributions from cross-

links and entanglements

Macromolecular Engineering: Networks and Gels 
Instructor: Prof. Tibbitt Lecture 12

http://tractionews.com


Rubber Elasticity - summary
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The mechanical properties of networks and gels are imparted mostly by 
changes in entropy of network strands upon deformation.

The modulus G of a network or gel is proportional to the number density 
of elastically active network strands with each strand contributing kT.

When calculating modulus it is important to take into account network 
topology such as loops and entanglements.
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